Abstract. We express the relative class number of an imaginary abelian number field K of prime power conductor as a sort of Maillet determinant. Thereby we obtain explicit relative class number formulas for fields K of conductor p , p > 3 prime, and degree 2d = [K: Q] < 10, in terms of sums of 2d-power residues. In particular, tables are given for p < 10000.
Introduction
Let p, m be in N, p prime. In a number of papers the relative class number of the pmth cyclotomic field has been expressed as a rational determinant (Maillet's determinant; cf. [1, 8, 10, 11 ], see also [12, 3] ). Moreover, an explicit relative class number formula in terms of quartic power residues modulo p has been given for imaginary cyclic quartic fields of conductor p [9, 7] . The aim of the present article is to study a generalization of Maillet's determinant that yields relative class number formulas for arbitrary imaginary abelian fields K of conductor pm (Theorem 1). By specializing these formulas to fields K of degree [K : Q] = 2d and conductor p, we obtain explicit relative class number formulas in the cases ¿=1, 2, 3, 4, 5 (the formula for if = 1 is well known, of course). Our formulas are used to compute relative class number tables for d = 3, 4, 5 and p < 10000 (Tables 1-3 in the Supplement section;   the respective table for d = 2 can be found in [6] ).
Generalized Maillet determinants
Let K be an imaginary abelian number field of conductor n . In particular, K is contained in the nth cyclotomic field Q(C«), Cn = e2*'/". By G" we denote the Galois group G" = Gal(Q(C)/Q).
Let (Z/«Z)X be the prime residue group mod« . There is a canonical isomorphism (Z/nZ)x -» G" which maps the residue class k, k eZ, onto ak , ak being defined by akiCn) = Ç£ . For this reason we shall frequently identify k with ak , and thus the group (Z/nZ)x with Gn.
Let H ç G" be the Galois group H = GaliQiCn)/K) = {aeG" ; a\K = id}. For a prime divisor p of « , let fy (resp. e+) be the ramification index of p in K (resp. .£+). Similarly, gp (resp. £+) denotes the number of prime divisors of p in K (resp. K+). Obviously, y/i-l) = -1 and y/ik) = 1 for all k e H = G2d. Thus, yi has the required properties, and we may say that there is always an appropriate character y/ of Gp of 2-power order. 
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